PE TU LUYEN SO 03

Cau 1 (TH): Trong cac ménh dé sau, ménh dé nao sai?

A. Iim(»\/xz—x+1+x—2):—g B lim 3x-2__oo

Koo o1 X+1
C. Ilm(«/x —X+1+X—2)=+oo D. lim = —00
X—>+0 x—(-1)" X+1
A _ , log(x*-9)
Cau 2 (VD): Tap nghiém cua bat phuong trinh —— =<1 la:
log(3—x)
A O B. (—4,-3) C. (3;4] D. [4;-3)
Cau 3 (TH): Cho s6 phirc z # 0. Khing dinh ndo sau dy sai?
A. z+7 1asd thyc B. z—z lasd o
C. Z 1a 56 thudn ao D. 2.2 1a sb thyc

z

X+2 y+1 z-3
2

A. (-3,2;1) B. (-2,1,-3) C. (3-21) D. (2,13)

Cau 4 (NB): Vecto nio sau diy 1a mot vecto chi phuong cta dudng thang ?

Cau 5 (NB): Trong khong gian véi hé toa do Oxyz cho ba diém A(O; 2;—1), B(—5; 4; 2) va C(—IL‘ 0; 5).
Toa d6 trong tm tam giac ABC la:

A. (-111) B. (-2,2;2) C. (-6;6;6) D. (-3;3;3)
Cau 6 (VD): S6 giao diém ctia dd thi ham s6 y = x*|x* 4| voi duong thing y =3 Ia:

A.8 B.2 C.4 D.6
Céau 7 (TH): Trong khong gian véi hé toa d6 Oxyz phuong trinh nao sau day khong phai 1a phuong trinh
cua mdt mat cau?

A XP+yY +7°+x-2y+472-3=0 B. 2x*+2y* +27° —x—y-z=0

C. X*+Vy*+7°—2x+4y—-4z+10=0 D. 2x*+2y*+27* +4x+8y+6z+3=0
Cau 8 (TH): Cho mot cap sd cong (un) c6 u, =5 va tong 40 s6 hang dau bang 3320. Tim cong sai cua

cap so cong do.

A 4 B. -4 C.8 D. -8
Cau 9 (TH): P thi ham s6 y=—— c6 bao nhiéu duong tigm can?
25—X
Al B.2 C.3 D. 4

Céu 10 (NB): Trong khong gian véi hé toa dd cho diém A(—3;1; 2). Toa d6 diém A' ddi xung voi diém
A qua truc Oy la:

A. (3-1-2) B. (3-12) C.(-3-12) D. (3;;,-2)
Cau 11 (TH): Tép gié tri cia ham s6 y=x—=3+/7—x Ia:
A [2242] B. [3,7] C.[02V2] D. (3,7)

Cau 12 (TH): Pao ham cia ham s6 f (x)=/In(Inx) la:



1 1

):lenx\/ln(Tx) xlan
-t D. f'(x)z—1
ZXW In XW
Cau 13 (VD): Tinh dién tich hinh phing giéi han bi cac diém biéu dién cac sb phirc thoa man
|z+2—i|+|z-4-i|=10
A. 127 B. 207 C. 157 D. Pép 4n khac
Cau 14 (VD): Cho ham sé f () voi bang bién thién dudi day:

A. f(x B. f'(x)=

C. f'(x)

X —o0 -1 0 2 +00

f'(x) - 0 + 0 — 0 +

‘0 +oo\ _2/. 3\ _4/7+oo

Hoi ham sé y = ‘ f (|X|)‘ ¢6 bao nhiéu cuc tri?
A.5 B.3 C.1 D.7

Cau 15 (TH): Cho lang try ABC.A'B'C'. Goi M, N lan luot 1a trung diém ciia AA' va BC'. Khi d6
duong thang AB' song song v&i mat phang:

A. (C'MN) B. (A'CN) C. (A'BN) D. (BMN)
Cau 16 (VD): Téng gi4 trj 16n nhat va gid tri nho nhat ciia ham s y = X*T trén doan [1;2] bing 8 (m I
X+
tham s thyc). Khang dinh ndo sau day 1a ding?
A.0<m<4 B.4<m<8 C.8<m<10 D. m>10
Cau 17 (TH): Sé 201820197 ¢4 bao nhiéu chi s6?
A. 147501991 B.147501992 C. 147433277 D. 147433276
Céau 18 (VD): Phuong trinh cos2x+2cosx—3=0 c¢6 bao nhiéu nghiém trong khoang (0;2019)?
A. 1009 B. 1010 C. 320 D. 321
. o 7-4x* khi 0<x<1 _ . . s
Céau 19 (VD): Cho ham s0 f (x)= _ . Tinh dién tich hinh phang gii han boi do thi
4-x* khi x>1
ham sé f (x) va cac duong thing x=0,x=3,y =0
A. 16 B. @ C.10 D.9
3 3

Céau 20 (TH): Cho hinh chop tr giac SABCD c6 day ABCD la hinh vudng canh a, mat bén SAB 1a mot
tam giac déu va nam trong mot mit phiang vudng goc voi day (ABCD) . Tinh thé tich khdi chop SABCD.

A2 g, &3 c. B p. &
6 2 6 2
Cau 21 (TH): Cho sé ty nhién n théa man C?+A? =15n. Ménh dé nao sau day 1a dung?
A. n chia hét cho 7 B. n khong chia hét cho 2
C. n chia hét cho 5 D. n khéng chia hét cho 11



Cau 22 (VD): Trong khong gian véi hé toa do Oxyz, cho diém H (1;,2;-2). Mit phang (a) di qua H va
cét cac truc Ox, Oy, Oz lan luot tai cac diém A, B, C sao cho H 1a truc tim cua AABC. Tinh dién tich mit
cau ngoai tiép tir di¢n OABC.

A. 871” B. # C. 8Lz D. 2437
Cau 23 (VD): Cho hinh l4p phuong ABCD.A'B'C'D' canh a. Tinh dién tich toan phan cua vét tron
xoay thu dugc khi quay tam gidc AA'C' quanh truc AA'

7(V6+2)a* B z(3+2)a’ C. 2r(2+1)a’ D. 27(\/6 +1)a’

Cau 24 (VD): Mot md hinh gdm céc khéi cdu xép chong 1én nhau tao thanh mot ¢t thang ding. Biét
rang mdi khéi ciu c6 ban kinh gip d6i ban kinh ciia khdi cdu ndm ngay trén n6 va ban kinh khéi cau dudi
cung 1a 50cm. Hoi ménh dé nao sau day 1a ding?

A. M6 hinh c6 thé dat duoc chidu cao tuy ¥.

B. Chiéu cao mé hinh khong qua 1,5 mét.

C. Chiéu cao mo6 hinh t6i da 1a 2 mét.

D. Chiéu cao md hinh dudi 2 mét.
Cau 25 (VD): Cho khbi chop tir gidc SABCD c6 thé tich V, day ABCD 14 hinh binh hanh. Goi M, N, P,
Q lan luot 1a trung diém cac canh SB, BC, CD, DA. Tinh thé tich khdi chép M.CNQP theo V.

Nl 0 3 ¥ o ¥

4 8 16 16

Cau 26 (VD): Cho ham s6 f(x) x4c dinh trén R théa man f'(x)=4x+3 va f(1)=-1. Biét rang
phuong trinh f (x)=10 c6 hai nghiém thuc X, X,. Tinh tong log, |x|+l0g, |X,|

A.8 B. 16 C. 4 D.3

1009
A (\3) B. 0 C. 2% D. 2\
Cau 28 (VD): Biét tong cac hé sb trong khai trién nhi thirc Newton cua (5X—1)n bang 2'°. Tim hé sb
cia x°
A. -161700 B. —19600 C. —2450000 D. —20212500
Cau 29 (VD): S6 mat phang ddi xtng cta hinh bat dién déu la:
A.3 B.5 C.7 D.9

Cau 30 (VD): Cho ham s6 f () lién tuc trén R c6 j x)dx =8 va j x)dx =4. Tinh j |4x—1)

. 1
4

A.3 B.6 C.

N ©

Cau 31 (VDC): Cho hai s6 thuc a>1, b>1. Goi X, X, la hai nghiém cta phuong trinh b t=1

X%
X +X

2
Trong trudng hop biéu thic S = ( J —4x —4x, dat gia tri nho nhét, ménh dé nao sau ddy 1a ding?

A. a<b B.a>=b C. ab=4 D.ab=2



Céau 32 (VD): Cho hinh chop tam giac S.ABC c6 day ABC la m0t tam giac vudng can tai B véi trong tim
G, canh bén SA tao v6i day (ABC) mot goc 30°. Biét hai mit phang (SBG) va (SCG) ciing vudng goc

v6i mét phang (ABC). Tinh cosin clia gbc gitra hai duong thang SA va BC.

5 20 10 20

Cau 33 (VD): Cho hai day ghé dbi dién nhau, mdi day c6 5 ghé. Xép ngau nhién 10 hoc sinh, gdbm 5 nam,
5 nit ngdi vao hai diy ghé d6 sao cho mdi ghé c6 diing mot hoc sinh ngdi. Tinh xac suat dé mdi hoc sinh
nam déu ngéi dbi dién v&i mot hoc sinh nit.

s B. — c. 2 p. L
252 945 63 63
Cau 34 (VD): Phuong trinh sin x =2019x c6 bao nhiéu nghiém thyuc?
A. 1288 B. 1287 C. 1290 D. 1289
Cau 35 (VD): Trong khong gian vdi hé toa d6 Oxyz, goi (a) 1a mat phang chira duong thang
X=2 y=-3 'z . ) I \
d = =T =§ va vudng géc voi mat phang (,B) :X+Yy—-2z+1=0. Hdi giao tuyén cia (a) va (,B)
la:
A. (1,-2;0) B. (2;3;3) C. (5;6;8) D. (0;1;3)
A s e o e f(x)-16 L
Céau 36 (VD): Cho ham so f (X) xac dinh trén R va thoa man IIrrzl—2 =12. Tinh gidi han
X— X —_
3I5f (x)—-16 -4
lim 2( )
x>2  X°+2X-8
A2 B. = cl p. 1
24 12 4 5
. _ .. COS4X—C0S2X+2sin® X L A, e
Céu 37 (VD): Cho phuong trinh - =0. Tinh di¢n tich da gidc c6 céc dinh la céc
SIN X+ COS X
diém biéu dién cac nghiém ctia phuong trinh trén dudng tron luong giac.
A g B. g C.\2 D. 242

Céau 38 (VD): Biét rang trong khong gian vai hé toa dd Oxyz c6 hai mit phang (P) va (Q) clng théa man
cac diéu kién sau: di qua hai diém A(LL1) va B(0;—2;2), dong thoi cét céc truc toa do Ox, Oy tai hai
diém cach déu O. Gia st (P) c6 phuong trinh x+by+¢z+d, =0 va (Q) c6 phuong trinh
X+b,y+c,z+d, =0. Tinh gia tri ctia biéu thirc bb, +c,c,

A -7 B. -9 C.9 D.7
Cau 39 (VD): Cho ling tru déu ABC.A'B'C' ¢6 canh day bing a, banh bén bing v/2a. Goi M I3 trung
diém AB. Tinh dién tich thiét dién cét lang tru da cho bdi mét phing (A'C'M)

A. ga2 B. ﬂaz C. @az D. Ma2
8 4 16 16

Cau 40 (VD): C6 bao nhiéu gia tri nguyén ctia tham s m trong doan [—2019; 2019] dé ham sb

y= In(x2 +2)— mx+1 dong bién trén R
A. 4038 B. 2019 C. 2020 D. 1009



X* +6xy

Cau 41 (VDC): Cho hai sé thyc thoa man x> +y? =1. Dit P = > . Khang dinh nao sau day 1a

1+2xy+2y
ding?
A. Gia tri nho nhat cta P 1a -3 B. Gia tri 16n nhét ctia P 1a 1
C. P khong c6 gia trj 16n nhat D. P khéng c6 gia tri nho nhét
’ —\;3)(+1—2x khi x =1
Cau 42 (VD): Chohamsé f(x)=4 X1 _Tinh £'()
5 .
—— khi x=1
7 9 N
A 0 B. —— C. —— D. khong ton tai
50 64

Cau 43 (VD): Trong khong gian véi hé toa dd OXyz cho hai diém A(0;0;3), B(—2;0;1) va mit phing
(a) :2X—Yy+22+8=0. Hoi c6 bao nhiéu diém C trén mit phang (a) sao cho tam giac ABC déu.

A. 2 B.0 C. 1 D. v6s6
Cau 44 (VDC): Goi (C) 1a d6 thi ham s6 y = x* +2x+2 va diém M di chuyén trén (C). Goi d,, d, 1a cac
duodng thang di qua M sao cho d, song song véi truc tung va d,, d, d6i ximg nhau qua tiép tuyén cta
(C) tai M. Biét rang khi M di chuyén trén (C) thi d, ludn di qua mot diém 1(a;b) co dinh. Dang thirc
nao sau day la ding?

A ab=-1 B.a+b=0 C.3a+2b=0 D. 5a+4b=0
Cau 45 (VD): Cho hinh chép tam gidc S.ABC c6 day ABC 1a tam gidc déu canh a va
Z/SBA=/SCA=90°. Biét goc giita duong thang SA va mat phang ABC bang 45°. Khoang cach giira hai
duong thang SB va AC la:

A. 2;\/aa B. Ma C. @a D. @a
17 7 13 13

i

g f
Cau 46 (VD): Cho ham sb f( ) lién tuc trén R va thoa man jtan Xf cos’® X dX I ( )dx 6. Tinh
1

0

tich phan

A. 4 B.6 C. 7 D. 10
Céau 47 (VD): Cho tir dién ABCD c6 AC=AD=BC =BD =a, (ACD) J_(BCD) va (ABC) J_(ABD).
Tinh d dai canh CD.

A. %a B. 2\/§a C. \/Ea D. ga

CAu 48 (VD): Cho mét da giac déu c6 48 dinh. LAy ngau nhién ba dinh cta da giac. Tinh x4c suit dé tam
giac tao thanh tur ba dinh d6 1a mot tam gidc nhon.
A 22 B 11 33 33

. — . — C. — D. —
47 47 47 94



Cau 49 (VD): Cho ham s6 y=—x*+3x*+9x co dd thi (C). Goi A, B, C, D 13 bén diém trén dd thi (C)
v6i hoanh d¢ lan luot 1a a, b, ¢, d sao cho tir gidc ABCD 1a mét hinh thoi dong thoi hai tiép tuyén tai A, C
song song voi nhau va dudng thing AC tao voi hai truc toa do mot tam giac can. Tinh tich abed.

A. 144 B. 60 C. 180 D. 120
Céau 50 (VD): Trong khong gian vdi hé toa do Oxyz cho ba diém A(8; 5 —11), B(5; 3 —4),C(l; 2;—6) va
mit cau (S):(x=2)"+(y—4) +(z+1)°=9. Goi diém M (ab;c) 1a diém trén (S) sao cho
‘m—m —M—C‘ dat gia tri nhd nhat. Hay tim a+b

A.9 B.4 C.2 D.6



HUONG DAN GIAI CHI TIET

1B 2.D 3.C 4.A 5.B 6.D 7.C 8.A 9.B 10.D
11.A 12.A 13.B 14.D 15.B 16.C 17.D 18.D 19.C 20.C
21.B 22.B 23.A 24.D 25.C 26.D 27.B 28.C 29.D 30.A
31.A 32.C 33.C 34.B 35.B 36.A 37.C 38.B 39.C 40.B

Cau 1:

Phwong phap:

Str dung céc phuong phép tinh giéi han ham s6 dé tinh cac gii han va chon déap an ding.
Cach giai:

Taco:

(Vo1 x—2) (R x+1-x+2)

+) lim (x/xz —X+1+ x—2)= lim

o o VX=X +1-x+2
2 3.3
X -x+1-(x-2)" 3x-3 . X 3
= lim = lim = lim -_>
o XX +1-X+2 O —x+l-x+2 O 12,1 2 2
-+ -1+-
X X X
lim (3x-2)=-5
. 3x-2 x—(-1)”
+) lim =+ | do .
x> X+ lim (x+1)=0;x-1<0
x—(-1)"
(x/xz—x+1+x—2)(«/x2—x+1—x+2)
+) Iim( x2—x+1+x—2):lim
, 3
fim XX (X22) 38X lim _x i
= = = = 400
ot IXE X +1-X4+2 X —XHl-Xx+2 O 2.1 2
——+—-1+-
X X X
lim (3x-2)=-5
. 3x-2 x—(-1)"
+) lim =—oo | do .
x>(-1)" X+1 lim (x+1)=0;x-1>0
x—(-1)"
Chon: B
Cau 2:
Phwong phap:
_{a>l
, x<a
Giai bat phuong trinh logarit co ban log, X <b <
O<axl
(x>a°

Cach giai:




X>3
x*-9>0 X<-3
2 X<-3
biéu kién: <3-x>0 &S 9x<3 <:>{ &S x<-3
log(3—x)=0  |3—-Xx=1

0g(-9)  log(x-9)-log(3-x) 0o’ "
TV e <0e—3=X <
log(3—x) log(3—x) log(3—x)
_{'09[—(“3)]>0 {—x—Szl
log| — 3 log(3—-x)<0 3-x<1
- og[ —(x+ )]£O<:> 9(3-x) - X <
log(3-x) log[ -(x+3)]<0 {—X—331
log(3-x)>0 3-x>1
{x£—4
X>4
& & A4<X<2=>-4<x<-3
X=> -4
{x<2
Chon: D
Céu 3:
Phuwong phap:

Cho sb phirc z=a-+bi= z=a-bi.Su dung cac phép tinh cong, trir, nhan, chia dé tinh va chon dap an
dung.

Cach giai:

Goi s6 phirc z=a+bi (a,beR; a,b=0)=z=a-bi

Taco: z+z=a+bi+a—bi=2a= z+z lasb thuc = dép an A dung.

z—z=a+bi—a+bi=2bi=2z-z lasb a0 = dap 4n B ding.

Ca+bi (a+bi)  a’-b?+2abi a’-b>  2abi

z + — Z 13 56 phitc = dép 4n C sai
Z a-bi (a-bi)(atbi)  a’+b?  a+b? a+b? 7z 0P P |
2.7 =(a+bi)(a-bi)=a’+b*= 2.z 1a s6 thyc = dap an D dung.

Chon: C

Cau 4:

Phwong phap:

Pudng thing X;XO = y_byo = Z_CZO di qua M (%;; Yo;2,) Va6 1 VTCP U =(a;b;c)

Cach giai:

X+2 y+1 z-3

5 . c6 1 VTCP la: (3;,-2,-1)=—(-3;2;1)

Puong thang

Chon: A
Cau 5:
Phwong phap:



X X+ X
© 3
Trong tam G(X; Y2, ) clia AABC cé toa do |y, =22 e Ve {f *+¥e
Zy+Zg+12;
ZG = = >
3
Cach giai:
X, + Xg + X
= ATTB T _ 9o
3
Ta c6 toa do trong tam G cua tam giac ABC la: Y, = w =2 =G (_2; 2: 2)
Z,+2,+12
o= ATTBTC 9
3
Chon: B
Céu 6:
Phwong phap:

V& d6 thi hoic BBT ctia ham sd y = x° ‘XZ — 4‘ va dudng thang y =3 dé tim sb giao diém.
Cach giai:
Ta c6 d6 thi ham sb:

Nhu vay ta thiy dudng thang y =3 cit dd thi ham s6 y = X |x* —4| tai 6 diém phan biét.
Chon: D
Cau 7:
Phwong phap:
Phuong trinh x* + y? + 22 —2ax—2by —2cz+d =0 1a phuong trinh mit ciu <> a?+b?+c?—d >0
Cach giai:
Xét tirng dap an ta duogc:
. 33
+)Pép an A: X* +y* +2* +x-2y+4z2-3=0 cb: a:—%;bzl;c:—Z,d =-3=a’+b’+c’-d :Z>O
= phuong trinh nay 14 phuong trinh mit cau.

+) Pap an B: 2x2+2y2+222—x—y—z=0<:>x2+y2+22—%x—%y—%z=0 co:

;c==;d=0=a’+b’+c*—d :%>0:> phuong trinh nay 1a phung trinh mt cau.



) Papan C: X°+y*+2° —2x+4y—4z+10=0 ¢c6: a=1Lb=-2c=2;d =10=a’+b*+c*-d =-1<0
= phuong trinh nay khong phai 12 phuong trinh mit cau.

Chon: C

Cau 8:

Phwong phap:

Cong thirc tong quat ciia CSC ¢6 s6 hang dau 1a u, va cong sai d: u, =u, +(n —1)d

Ao g . . N n(y +u,) n[2u+(n-1)d]
Tong ctia n s6 hang dau ctia CSC c6 so hang dau la u, vacongsai d: S, = =

2
Cach giai:
e i , n[2u,+(n-1)d ]  40(2.5+39d)
Goi d 1a cong sai cia CSC da chotaco: S, = 5 = =3320=d =4
Chon: A
Cau 9:
Phwong phap:

+) Duong thing x =a duoc goi 1a TCD ctia do thi ham s6 y = f (x) < lim f (X) =0

X—a

+) Puong thang y =b dugc goi 1a TCN ciia d6 thi ham s6 y = f (x) < lim f(x)=b

Cach giai:
TXD: D\[-5;5]

Ham s6 da cho lién tyc trong [-5;5] va lim =—o0; lim =+00 = d0 thi ham sb c6 hai

x-1
x—>5" \/ﬂ X5 m
duong TCD 1a x=5,x =—5 va do thi ham s6 khong c6 TCN.
Chon: B
Cau 10:
Phwong phap:
biém A' dbi xung voi A(a;b;c) qua truc Oy = A'(—a;b;—c)
Cach giai:
Toa d¢ diem A' doi ximg v6i A(-3;12) qua truc Oy la (3;1;,-2)
Chon: D
Cau 11:
Phwong phap:
Tim TXD cta ham sb sau d6 xét su bién thién, lap BBT va tim tap gia tri cua ham $0.
Cach giai:
TXD: D=[3;7]

Xétham sd y=~/x—3++/7—x taco: y'= t 1
2Ux—=3  2J7-x

1 1
— =O<:>»\/x—3:\/7—x
MX—B 2\/7—x

S X-3=7T-X<=2x=10<x=5

=Yy'=0

Tacé BBT:

10



Vay tip gia tri ctia ham sd la: [2; 22 ] .
Chon: A

Cau 12:

Phwong phap:

Str dung cong thirc dao ham ctia cac ham sb co ban va ham hop: («/ﬁ) =——,(Inx)'= 1
X

Cach giai:

Taco:

Inx)’

(T I_[In(lnx)]'_ nx 1
f(x)_( Inl )) —2\/|n(|nx)_2\/|n(|nx)_2xlnx\/ln(lnx)

Chon: A

Cau 13:

Phwong phap:

Tim tap hop cac diém biéu dién sb phirc bai cho sau d6 tinh dién tich hinh phang duoc gidi han boi cac
diém do.

Cach giai:

Taco: |z+2—i|+|z—4-i|=10 < |z—(-2+i)|+|z—(4+1)|=10 (*)

Goi z=x+Yyi=M(x;y) la diém biéu dién s6 phic z.

Goi A(-2;1) 1a diém biéu dién cho s6 phirc —2+i va B(4;1) 1a diém biéu dién cho sb phic 4+i

Tir (*)= MA+MB =10=> T4p hop diém M la elip c6 A, B 14 hai tiéu diém va do dai truc 16n bang 10.

Taco AB=+/6"=6=2c=c=3 vda MA+MB=2a=10=>a=5
—=b’=a’-c’=5°-3F=4*=Db=4

Vay = S(E) =rmab=754=20xr

Chon: B

Cau 14:

Phwong phap:

Céch 1: Dua vao BBT, v& BBT cuia d6 thj ham s y :‘ f (|X|)‘ va suy ra s6 cac diém cuec tri ctia ham sb.
Cach 2: Tir BBT suy ra cong thirc ham s6 y = f (x) tir d6 v& do thi ham s6 y :‘ f (|X|)‘ va suy ra sb cac
diém cuec tri ctia ham so.

Cach giai:

Dya vao BBT ta thdy ham s6 y = f (x) ¢6 3 diém cuc tri (-1-2),(0;3),(2,-4)

11



Khi d6 ta 6 BBT ctia ham s y :‘ f (|X|)‘ nhu sau:

X | —w -1 0 2 o
f '(X) - 0 + 0 — 0 +
+00 3 +00
f(x) <v‘2\./ " 4>/
0
' ) \ 4
BBT cta ham s y = ‘f (|X|)‘ la:
X —00 -2 0 2 400
£(x) - 0 ¥ 0 N 0 ¥
+00 3 +00
f(x) /:1\/ /4 /
y=0 \ \
4 4

Nhu vay ham s6 y :‘ f (|X|)‘ ¢6 7 diém cuec tri.

Chon: D

Cau 15:

Phwong phap:

St dung quan hé song song trong khong gian dé chimg minh va chon d4p 4n dung.

Cach giai:

+) Pép an A: Taco (C'MN) chinh 1 (C'MB") \ 7
= AB'~(C'MN)={B"} = loai dap an A. |

."I. n'.-.", Iill .
+) Pap an C: Ta cd AB'NA'B vi hai dudng thang cling thudc (A' B' BA) {
— loai dap an C. Y SO '

+) Pap 4an D: Ta c6 AB'"BM do hai duong thang nay cing thudc (A'B'BA) /
= loai dap an D. \~
Chon: B

Cau 16:

Phwong phap:

+) Tim GTLN va GTNN ctia ham sé y = f (x) trén [a;b] bang cach:

+) Giai phuong trinh y'=0 tim cac nghiém X

+) Tinh cac gia trj f(a), f(b), f(x) (Xi e[a;b]). Khi dé:
min f (x)=min{f (a); f (b); f (x,)}r[r;ag( f (x)=max{f (a); f(b); f(x)}

[a:b]

Cach giai:

TXD: D=R\{-1}. Tacé: y,:x+1—x;m: l—mz
(x+1) (x+1)

12



Vi ham s6 da cho 1a ham bac nhit trén bac nhat nén ham sé don diéu trén tirng khoang xac dinh cia ham
sb.

= Xéttrén [1;2] taco: y(1) =1+Tm; y(2)= ZJ;m la cdc GTNN va GTLN cua ham sb.

= y(1)+y(2)=m7+1+ m;rz =8<:>3m+3+2m+4:48<:>m:%1
=8<m<10

Chon: C

Cau 17:

Phuwong phap:

S cac chir s6 cuasé a™ 1a: [Iog am]+1 chit sb.

Cach giai:

Ta co: [Iog 2018201920192°2°] +1=[20192020l0g 20182019]+1=147501991+1=147501992

Chon: B

Cau 18:

Phuwong phap:

Gidi phuong trinh lugng gidc tim nghiém X=a+kz sau d6 cho nghiém d6 thuc (0;2019) tim sb céc

gid tri k € Z 10i suy ra s6 nghiém ctia phuong trinh di cho.

Cach giai:

C0S2X+2C0sX—3=0<>2c0s* Xx+2cosX—4=0
cosx=1

o x=k2z (keZ)

cos X =—2 (ktm)

Phuong trinh ¢6 nghiém thudc (O; 2019)

< 0<k27 <2019 <0<k <321,33

=ke{12;..;321}

Chon: D

Cau 19:

Phwong phap:

Cong thirc tinh dién tich hinh phang dugc giéi han boi cac dudng thang X =a,x=b (a<b) va cic do thi

ham s y=f(x),y=g(x) I S:j“f(x)—g(x)‘dx

Cach giai:
Xét cac phuong trinh hoanh d6 giao diém:
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boxt—0e |77 & x=2
x=-2¢(1+0)

7-4x* =0 < x:igg[o;l]
= :Jl.‘7—4x3‘dx+j"4—xz‘dx+ﬁ4—x2‘dx
0 1 2

(7—4x3)dx+z[(4—xz)dXJr:f(x2 —4)dx

O e

1 3|2 3 3
0 3 1 3 2
= 7—1+E—1—1—3+E=10
3 3 3
Chon: C
Cau 20:
Phwong phap:
Cong thirc tinh thé tich khéi chop ¢ dién tich déy S va chidu cao h 1a: V = % sh )
Cach gi{li: III| E 'l.:\
|III : IIIIII.'-I ™,
Goi H 1a trung diém cua AB = SH L (ABCD) [ 1
2 2
1 1 a3 a3
:>VS.ABCD = ESH 'SABCD = § > .a.2 = 5
Chgn: C
Cau 21:
Phuwong phap:
I ] .
= Sl , giai phuong trinh tim n r6i chon dap an dung.

] A , k _ k
St dung che cong thire Co =350 0 A = (k)

Cach giai:
Taco:
2 a2 n! nl
C+A =15n< 2!(n—2)!+(n—2)!_15n (n>2)

n(n-1) n(nl—l) =15n < n*-n+2n*-2n-30n=0

= +
2

, n=0 (ktm)

<3N -33n=0<
n=11(tm)

Vay n khong chia hét cho 2.
Chon: B
Cau 22:
Phwong phap:
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Goi toa d6 cac diém A, B, C.

Lap phuong trinh mit phang di qua H va cit cac truc Ox, Oy, Oz bang phuong trinh doan chan.
Tur d6 tim duoc cac diém A, B, C. Tir d6 tinh duge ban kinh mat cau ngoai tiép tir dién OABC.
Cong thuc tinh dién tich mit cau ban kinh R:S = 47R?

Cach giai:

Goi A(a; 0; 0), B(O; b; 0),C (0; 0; C) 1an luot thudc cac truc toa do Ox, Oy, Oz.

Khi d6 ta c6 phuong trinh (@) di qua céc diém A, B, C: 5+%+E =1
a C

H e(a):>§+——§=l (1)

Theo dé bai ta c6 H 1a truc tim AABC = .
BH L AC BH.AC=0

AH 1 BC {AH.@:O

 [AH=(-a2-2),8C=(0-bio)
a co: m:(l;z—b;—Z),AC ( a; ,C)

m.ﬁ'zoa —2b—2c=o a=-—
BH.AC=0 —a-2c=0 ~ |b=—c

:>(1)<:>i+£—g:1:—i:1<:>c:—g
-2 —-C C 2C 2
A(9:0:0
a=-2c=9 ( 9)
= 9 = B(O;—Oj
2 9
C(O;O;——j
2

Goi | (Xy; Yo:Z,) 1a thm mat cdu ngoai tiép chop tir gidc OABC.

x§+y§+z§:(xo—9)2+y§+z§ x(f:(xo—9)2
Ol =1A 9 2 9 2
={0l=1B < x§+y§+z§=x§+(yo—5) +2} & yg:(y"_ﬂ
OIZIC 2 2
X2+ 2 2 _ 2 2 ( 9) 2_( 9)
Zhyi+zi=x+yl+ zo+§ 2t = zo+§
9
X, ==X, +9 =3
9 9 999 96
P V. +— =— =>||—-1—:—|=R=0Il=
SRR R L [244j
9 |, e
0 0 2 0 4
2
L5 —arR? —ar| 2B | 2437
M 4 2
Chon: B
Cau 23
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Phwong phap:

Khi quay tam gid&c AA'C quanh truc AA' ta dugc hinh nén c6 ban kinh day R = AC, duong sinh
| = A'C" va chiéu cao h= AA'

Cong thirc tinh dién tich toan phan hinh nén c6 ban kinh day R, chiéu cao h va duong sinh I:

S, = 7RI+ 7R?

Cach giai:

Khi quay tam giac AA'C quanh truc AA' ta dugc hinh nén cé ban kinh ddy R= AC, dudng sinh
| = A'C" va chiéu cao h=AA'

Tacé: AC =+/AB? + BC? =a\2
A'C=+AC2+AA2 =222 +a% =a\3
= S, = 7RI+ 7R* = 7.AC.A'C + 7.AC?

- n(a\/i.a\ﬁ+ 2a2) - 72'(\/6+ Z)a2

Chon: A

Cau 24:

Phwong phap:

Goi cac qua cau duge xép trong mo hinh 13 n qua.

Ban kinh cc qua cau tao thanh cap s6 nhan c6 cong boi 1a 2.

Téng ctia n s6 hang dau ciia CSN ¢6 s6 hang dau 1a U, vacong boiq: S, =
Cach giai:

Goi cac qua cau duge xép trong mo hinh 13 n qua. (n € N*)

= Ban kinh cac qua cau tao thanh cép s6 nhan c6 cong boi 1a 2.

Goi ban kinh qua cau trén cting hay qua ciu nho nhat 1a R, (0 <R < 50)

= Bén kinh qua cau duéi cing la: R, =50cm=R,.2"" < 2" = 100

U 2R (2"-1) 100
Khldochleucaocuamohlnhcothela:hzZSn:T:ZR1 E— =200-2R,; <200cm = 2m

Vay chiéu cao cia mé hinh 1a dudi 2 mét.
Chon: D

Cau 25:

Phwong phap:

Cong thirc tinh thé tich khéi chop co dién tich day S va chiéu cao h 1a; V = % Sh

Cach giai:
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Ta co:

1
SCNPQ = SNQDC - SDPQ = E SABCD - SDPQ

=15_15=§5
2 8 8

Lai co: d(M;(ABCD)):%d(A;(ABCD))

1

1,3 3
= Vvieneo = éd (M ;(ABCD)).SCNPQ =

“his="v
28" 16

Chon: C

Cau 26:

Phwong phap:

Sir dung cong thire: f (x) :j f'(x)dx dé tim ham sé f(x) sau d6 gii phuong trinh va tinh tong dé bai
yéu cau.

Cach giai:

Taco: f(x) =I(4x+3)dx= 2x° +3x+C

Laico: f(1)=-1=21+31+C=-1<C=-6= f(x)=2x"+3x—6

= f(x) =10 2x* +3x—-6=10 < 2x* +3x-16 =0 (*)

Taco: ac=2.(—-16)=-32<0=>(*) ludn c6 hai nghiém trai dau.

Ap dung hé thirc Vi-ét ta co: wrRETS
XX, =—8
Taco: log,|x,|+log, |x,|=log, |xX,|=log,|-8 =log, 2° =3
Chon: D
Cau 27:
Phwong phap:

Str dung cong thire khai trién cia nhj thie: (a+b)" =) Cka"*b"
k=0

Cach giai:
2019

2019 2018 2017
0 , 1 f 2 2 2018 , 2018 2019,,2019
= C2019 ( 3) + C2019 ( 3) X+ CZOlQ (\/g) X" ..+ C2019 ~3X + C2019 X

2 3 2019
=8y +aX+a,X" +a,X° +...+ 8y X

1 khi m=4l
i khi m=4l+1
. (le2)
-1 khi m=41+2
—i khi m=4l+3

Taco: i" =

Chon x =1 taco:

17



(V3+i) " = Zcmg( 3) i (i = 1)

2019 2018 2017
_ o , 1 H 2 , 2018 2018 2019 2019
- C2019 ( 3) + C2019 (ﬁ) I+ C2019 ( 3) I ot C2019 3 I C2019

2019

2018
+ a2019I

:a0+a1i+ai2+agi3+ A+ Byl
:ao+a1' a_ael -~ 85018 azowi

Chon x=-i taco:
2019

( )2019 Z C2019( ) )2019 k

2019 2018 2017 .
= Cgom (\/§) - C;ow <\/§) i+ C22019 (\/g) 2=t ngllg 3% — szgllg 2

+2018 +2019

—ao a1|+a| —a| +.. +612018
=a0_ail_a2+a3|+"'_a2018+a2019|

= (x/§+1)2019 +(x/§—1)2019 =2(ay—a, +a, —8 +...+ 8y — yyg)
©25= [(Js" +1)3T73 ¥ [(ﬁ —1)3}673 — (8i)™ +(~8i)" =0

< 25=8"i"" -8 =0« S5=0
Chon: B

Cau 28:

Phwong phap:

— Q0]

Str dung cong thirc khai trién cua nhi thirc (a + b ZCka" Kp*
k=0

Cach giai:
Taco: (5x— 1 ZC 5x -

Chon x =1 ta duoc tong cac hé s cua khai trién
= (5.1-1) Zc 5 (-1)"" =2

oS24 2100 =2" < 2n=100 < n=50
Vay hé s6 cua x* trong khai trién la: C3.5%(-1)"" = -CZ.5° = —2450000
Chon: C

Cau 29:

Phwong phap:

St dung 1y thuyét khdi da dién dé 1am bai toan.
Cach giai:

Hinh bat dién déu c6 9 mat phang ddi xing.
Chon: D

Cau 30:

Phwong phap:

St dung phuong phap tich phan di bién.
Cach giai:
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1
1 4 1
Taco: | :j f (|4x—]4)dx=]l f (—4x+1)dx+j f (4x-1)dx
-1 -1 %
1
4
Xét 1, = [ f (—4x+1)dx
a
X=-1=t=5
Pat —4x+1=t = dt =—4dx. Ddi can: 1
XZZ:>t=0

X=1=t=3
Dit 4x—1=t = dt = 4dx. D6i xan: 1
X==—=t=0
1% 13 1% 1
=1L ==|f(t)dt==| f(t)dt==| f(x)dx==.8=2
I=1,+1,=1+2=3
Chon: A
Cau 31:
Phwong phap:

+) Lay loganepe hai vé, dwa phuong trinh vé dang phuong trinh béc hai an x.
+) Tim diéu kién dé phwong trinh ¢6 2 nghiém. Ap dung dinh 1i Vi-ét.

+) Str dung BDT C6-si cho 3 s6 khong am danh gia biéu thirc S.

Cach giai:

2" =1l a’h’ =b < In(a'h)=Inb

< xIna+x?Inb=Inb < x*Inb+xIna—-Inb=0

Inb=0 (luon dung do b >1)

Phuong trinh ¢6 2 nghiém phan bi¢t <
In*a+4In*b >0 (luon dung)

Do d6 phuong trinh ludn c6 2 nghiém véi moi a,b>1. Goi x, X, 1a 2 nghiém phan biét ctia phuong trinh
X, +% = —2_ _log, a
* Inb ’

da cho. Ap dung dinh li Vi-ét ta co: nb
—1INn

X, =—=-1
X% Inb

Khi d6 ta co:
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S

2 2
(_Xixz J —4x1—4x2=[ A% J —4(+%)

X + X% X+ X,

2
S — +4Iogba:%+4logba
—log, a log; a

b
Do a,b>1= log, a>log,1=0

Ap dung BPT Co6-si ta co:

2log, a.2log, a = 3¥4

S :%+4logba:%+2Iogba+2logba233 12 .
log: a log? a log; a

1 1 1 1 =
=S . =3Y4. Diu“="xayra a =2log,a < logia==<log,a=—=<a=hb%"

0g; a 2 2
1
Taco: b¥ <b'=b(dob>1)=a<b
Chon: A
Cau 32:
Phwong phap:
+) Goi M, N, P, Q lan luot 14 trung diém cua AB, SC, BC, AC. Ching minh Z(SA; BC) = L(NQ; MQ).

+) Ap dung dinh li cosin trong tam giac MNQ.
Cach giai:

(SBG) L (ABG) ¢
Tacé: <(SCG)L(ABC) = SG L (ABC)

(SBG) L(SCG)=SG
Goi M, N, P, Q lan luot 1a trung diém cua AB, SC, BC, AC.
Pit AB=BC=1= AC=42
Taco: Z(SA;(ABC))=~£(SAGA)=£SAG =30°
Ta co NQ la duong trung binh cua tam giac SAC = NQ//SA

MQ 1a duong trung binh cua tam giac ABC = MQ//BC

= Z(SA;BC) = £(NQ; MQ)

Taco: AP = 1+E:E:CM :AG:EAP:_S
4 2 3 3
L SG=AG.an30° = Y2 V3 _ V15 o AGOZZ*/E
3 3 9 cos30 9
:NQ=£SA:@ vaMo=ipc=l
2 9 2 2
Tacd MCz%:GCz%MCz?;GM :EMC:g

SM’+MC® SC*_65 _ . %5

Xét tam giac SMC ta c6: MN? = =
2 4 108 18
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Ap dung dinh 1y cosin trong tam giac MNQ:

1.5 6 1
2 2 2 T T -
cos AMON = MQENQ*=MN _ 4727 308 "6 _ V15
2.MQ.NQ 1415 15 10
279 9

Vay cos Z(NQ;MQ) = % =cos Z(SA;BC)

Chon: C

Chu y: Goc giita hai duong thang 1a goc nhon nén cosin cia goc giita hai duong thang 1a gia tri dwong.
Cau 33:

Phwong phap:

Xép lan luot chd ngff)i cho tirng hoc sinh nam va nit sao cho mdi hoc sinh nam déu ngéi ddi dién véi mot
hoc sinh nir. Str dung quy tic nhan.

Cach giai:

Xép ngiu nhién 10 hoc sinh vao 10 ghé cho 10! cach xép = n(Q) =10!

Goi A 1a bién c6: “mbi hoc sinh nam déu ngdi d6i dién véi mot hoc sinh nir”.

+) Xép hoc sinh nam thir nhat vao 1 trong 10 vi tri cho 10 cach xép.

Chon 1 trong 5 ban nit Xép ngéi ddi dién v6i ban nam thir nhit c6 5 cach xép.

+) Xép ban nam thir 2 vao 1 trong 8 vi tri con lai c6 8 cach xép.

Chon 1 trong 4 ban nit con lai xép ngdi ddi dién v6i ban nam thir hai ¢6 4 cach xép.
+) Xép ban nam thir 3 vao 1 trong 6 vi tri con lai ¢6 6 cach xép.

Chon 1 trong 3 ban nit con lai xép ngdi ddi dién v6i ban nam thir ba ¢ 3 cach xép.
+) Xép ban nam thir 4 vao 1 trong 4 vi tri con lai c6 4 cach xép.

Chon 1 trong 2 ban nit con lai xép ngdi d6i dién v6i ban nam thi tu ¢6 2 cach xép.
+) Xép ban nam thr 5 vao 1 trong 2 vi tri con lai ¢6 2 cach Xép.

Xép 1 ban nit con lai vao vi tri cubi cung c6 1 cach xép.

=n ( A) =10.5.8.4.6.3.4.2.2.1= 460800

n(A) _ 460800 _ 8

Vay P(A)= _ 2
WPA=T5) 10 e

Chon: C
Cau 34:
Chon: B
Cau 35:
Phwong phap:

Rl ety
’{w):(d) =mite]

+)Lay Aed = Ae (a) = Viét phuong trinh mit phing (a) .

+) Xéc dinh diém vira thudc (a) vira thuoc ( p )

Cach giai:

Ta co: E =(L%2) Ia 1 VTCP cua dudng thing (d) va @ =(LL-2) 1a1 VTPT ctia mt phang (8).

Goi E 1a 1 VTPT ciia mat phang (a).
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Ta co: {(a) HA) =3 {E@ =0 on, = [@;@] =(4,-4,0)//(1-10)

(@)=>(d)  [n,u;=0
Liy A(L2;3)e(d)= Ae(a)
Suy ra phuong trinh mat phang (a): 1(X—2)—1(y—3):O<:>X—y+1:0

(*)

= Giao tuyén ctia () va () c6 phuong trinh X-y+1=0
X+y—-2z+1=0

Duya vao 4 dép 4n ta thdy chi c6 diém (2;3;3) théa man (*)

Chon: B

Cau 36:

Phwong phap:

Nhan lién hop dé khir dang %
Cach giai:
3I5f (x)-16 -4
lim 2( )
x>2  X°+2Xx-8

i (s 5f(x)-16 —4)(§/5f (x)-16 +43/5f (x)-16 +16)

X2 (X+4)(x_2)(WZ+4W+16)

. 5f (x)-16-64
2 (x+4)(x—2)(g/5f (x)-16 +435f (x)-16 +16)
5[ f(x)-16]

i Ixigzl(x+4)(x—2)(§/5f (x)-16 +4357 (x)-16 +16)

iim f(x)-16

5
X—2 X—2 (W2+4W+16)

Tacs lim )= 15 £ (2)216; £ 1(2) =12

X—2 X—
:>Iim35f2(x)_16_4:12. > 2
x>2 X2 +4+2x—8 6(4° +4.4+16) 24
Chon: A
Cau 37:
Phwong phap:

+) Tim BKXD cua phuong trinh.

. i 1-cos2
+) Str dung cong thirc nhan doi cos4x = 2cos® 2x—1 va cong thitc ha bac sin’x = Cos X

dua phuong

trinh vé dang phuong trinh bac cao dbi voi 1 ham sb luong giac.
+) Giai phuong trinh, biéu dién cac ho nghiém trén dudng tron luong gic.
+) Xac dinh cac diém va tinh dién tich da giac do.

Cach giai:
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PbK: sinx+cosx¢0<:>\/§sin[x+%j¢0<:>x+%¢k7r<:>x¢—%+k7r(kez)

PT < cos4x—Cc0s2x+2sin*x =0

& 2€0s* 2Xx—1-c0s2x+1-cos2x =0
& 2€0s*2X—2¢082x =0

< 2c0s2x(c0s2x—-1)=0

. X_7z+k7r
cos2x =0 2x=—+k T4 2
{ 2_1<:> 2 T o 4 2(keZ)
CoSex= 2Xx=rw+k2rx x:%+k7r
x=2+kr
Ddi chiéu diéu kién ta co: 4 (k € Z)
X=£+k7z
2

Biéu dién hai ho nghiém trén trén dudng tron lugng giac ta dugc

4 diém A, B, C, D nhu sau: Z
\ . B
Trong d6 A(i £J Goi H lan luot 13 hinh chiéu cua A A
. H
trén Oy = H (0;%] < >
:AH:Q.Tac(): Siasp = 1AH BD_1 —2.2:—2 (
2 2 2 2 2 5
VAay Spgco =25 uep :\/E
Chon: C
ChU y: Chu y ddi chiéu diéu kién xac dinh dé loai nghiém.
Cau 38:
Phwong phap:

+) ABe (P) = Thay toa do A, B vao phuong trinh mat phéng (P) dugc 2 phuong trinh.
+) Goi M =(P)mOX; N =(P)ﬁOy . Xac dinh toa d6 diém M, N.

+) Tir gia thiét OM =ON = Phuong trinh thi 3.

+) Giai hé 3 phuong trinh = (P),(Q) tr do tinh bb, +c.c,

Cach giai:

1+b +c +d, =0

Taco: ABe(P)=
—2b, +2c,+d, =0

M =(P)nOx= M (-d;;0;0)= OM =|d,|>0

d,| |d,

Goi d .
N :(P)mOy:> N[O;?;O]:ON :‘_1 _ Y%

>0

Theo bai ratacé OM = ON<:>|d|— < |dy|(jb]-1)=0<b =+1 (Do |d,| > 0)
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2+c¢,+d, =0 c, =4

TH1: b =1 = = (P):x+y+4z-6=0
—2+2c,+d, =0 d,=-6
+d, =0 c,=-2

TH2 b =-le | <17 =(P)ix-y-2z+2=0
2+2c,+d, =0 d,=2

Do vai trd cua (P),(Q) 1a nhu nhau nén khong mat tinh tong quat ta cé (P):x+y+4z-6=0 va
(Q):x—y—2z+2=0
=hb, +cc, =1(-1)+4.(-2)=-9

Chon: B

Cau 39:

Phwong phap:

+) Xac dinh thiét dién dya vao cac yéu t6 song song. Chirng minh thiét dién 13 hinh thang can.
+) Tinh di¢n tich hinh thang can.

Cach giai:

Goi N 1a trung diém ctia BC ta c6 MN 1a duong trung binh cua A

tam gidc ABC = MN//AC. M N
Tacod (A'C'M) chia A'C//AC=(A'C'M) cat ABC theo M |B
giao tuyén 1a duong thing qua M va song song voi N .
AC:(A'C'M)m(ABC):MN. N
Vay thiét dién cta hinh lang tru cdt béi mat phang (A'C'M) PRI -/

la tir giac A'C'NM .
Taco MN//AC//A'C'= A'C'NM Ia hinh thang.
Xét AA'AM va AC'CN cé:

B

A'A=C'C;ZA'AM = ZC'CM =90°; AM =CN :%

= AA'AM =AC'CN (c.g.c):>A'M =C'N
D@ dang nhan thady A'M va C'N khong song song nén A'C'NM Ia hinh thang can.
C6 A'C'=a;MN :%

Ké MH L A'C'(H e A'C");NK L A'C' (K e A'C") ta c6 MNKH I M N

hinh chit nhat = MN = HK =%

a2
2 _a A H K

A'C'-HK a
2 2 4

2
Xét tam gidc vuong A'AM c6 A'M =+ A'A%2+ AM? = ,’Zaz +a7 =3?a

2 2
Xét tam giac vubng A'MH c6 MH =JA'M?—-A'H? :%_%:a\ﬁ%

= A'H=C'K=




a\35  3./352a°

Vay Spcom Z%(A'C'+ MN).MH :%[a-q-ij 7 T

2
Chon: C
Cau 40:
Phwong phap:
+) Dé ham s6 dong bién trén R thi y'>0 YxeR. C6 lap m, dwa bat phuong trinh vé dang

<m<g(x) vXeR@mSijng(x)

+) Lap BBT ctia ham s6 y =g (x) va két luan.
Cach giai:

Ham s6 y =In(x*+2)—mx+1 c6 TXD: D=R

, 2X
Taco y'= -
y X% +2 m
Dé ham dong bién trén R thi y'>0 VxeR < —; 2—m20 vxeR
X° +
<:>m£x2212=g(x) VXGRQmSijng(x)
i 2(x2+2)=2x2X _9y2
Xéthamso g(X)=——— cO TXD D=R va g'(x)= ( ) > _ X +‘21:0<:>x:4_r\/§
X" +2 (x2+2) (x2+2)
BBT:
X —00 D) N +00
9'(x) - 0 + 0 -
0 72
2 \
X
2
Tu BBT ta suy ra mﬂgng(x):g(—ﬁ)z—gamS—g
: N me —2019;_£
Keét hop diéu kién dé bai ta c6 2 |=>me {—2019; -2018:;...; —1}

meZ
Viy ¢6 2019 gia trj m thoa man yéu cau bai toan.
Chon: B
Céu 41:
Chon: A
Céu 42:
Phwong phap:
+) Kiém tra tinh lién tuc ctia ham s tai x =1
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+) Néu ham sb lién tuc tai X =1, str dung cong thirc tinh dao ham bang dinh nghia:

. F(x)=f(X
f'(x)= Ilm—( )= (%)
X—>Xo X=X,
Cach giai:
Truwéc hét ta xét tinh lién tuc ciia ham sé tai x =1
Taco

o VB2 (VBx+1-2x)(VBx+1+2x)

lim f =i
_lim 3x+1—4x? _lim —(x—1)(4x+1)
Hl(x—l)(\/3x+l+2x) Hl(x—l)(\/3x+1+2x)
~4x-1 _ -4-1 -5

=lim

= =—=1(1
oL Bx+1+2x JA+2 4 ()

— Ham sb lién tuc tai x =1
Tinh f'(1)

\/3x+1—2x +§

x—1 X—1 X—=1 x—1 4(X_1)2
4 Ax+1-3x-5 o (4«/3x+1—3x—5)(4a\/3x+1+3x+5)
ol 4(x-1) =l 4(x=1)" (443x+1+3x+5)

16(3x+1)—(9x* +30x+25) _9x2 +18x—9
=1 =1m
=1 4(x-1) (4yBx+1+3x+5) 1 4(x-1) (44Bx+1+3x+5)
2
~ lim —O(x=1) ~ lim - -

1 4(x-1)' (4v3x+1+3x+5) H14(4\/3ﬁ+3x+5):a

Chon: C

Cha y: Trude khi tinh dao ham cia hamsé y = f (X) tai diém x = Xo can kiém tra tinh lién tuc ctia ham

sb tai diém do.

Cau 43:

Phwong phap:

+) Goi C(a;b;c) e(a)= phuong trinh (1).

+) Tam giac ABC déu <> AB = BC = CA= phuong trinh (2), (3).
+) Giai hé 3 phuong trinh 3 4n a, b, c.

Cach giai:

Goi C(a;b;c)e(a)=2a-b+2c+8=0 (1)

Tam giac ABC déu < AB=BC =CA
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AB>=AC® [8=a’+b’+(c-3)
< ACZ_BC2<:> 2 2 2 2 2 2
= a’+b’+(c—-3) =(a+2) +b*+(c-1)

a2 K2 _7)? _a2,.Rh2 _7)?
<:>{8_a +b?+(c-3) @{8 a’+b*+(c-3)

-6c+9=4a+4-2c+1 da+4c=4

@{8a2+b2+(c—3)z (2)

a+c=1 (3)
2a—b+2c+8=0 c=1-a
Ta c6 hé phuong trinh: < {a”+b’ +(C—3)2 =8< 2a—b+2(1—a)+8=0
a+c=1 a? +b*+(c—3)° =8 (vo nghiem)
Vay khong c6 diém C nao théa man.
Chon: B
Cau 44:
Chon: D
Cau 45:
Phuwong phap:

+) Trong (ABC) goi AH 1a duong kinh dudng tron ngoai tiép AABC . Ching minh SH L (ABC) :
+) Trong (ABC) ké duong thang qua B song song voi AC cat HC tai M. Chimg minh

d(SB; AC)=d(C;(SBM)).

+) Sir dung phuong phép dbi dinh, chimg minh d (C;(SBM))=3d (H;(SBM))

+) Dung khoang cach tir H dén (SBM ) va tinh.

Cach giai:

Trong (ABC) goi | 13 trung diém cuia BC, goi AH 1a dudng kinh
duong tron ngoai tiép AABC .

= HB L AB,HC L AC

. |BH 1L AB
Ta co: :>ABL(SBH):> AB 1 SH
SB 1L AB

Chung minh tuong tu ta c6 AC L SH
= SH L (ABC)

Trong (ABC) ké dudng thing qua B song song véi AC cét HC tai M.
Taco AC//BM =d(SB; AC)=d(AC;(SBM))=d(C;(SBM))
Tac6o CH L AC=CM L BM

J_

Xét tam giac vudng ACH c6: CH = AC.tan30° = a

a«/_

Xét tam giac vudng BCM c6: CM = BC.cos30° =



d .
CH m(SBM):M:d : = =1— —1-

Trong (SHM ) ké HK L SM (K e SM) ta cé:

BM L HM
= BM L(SHM )= BM L HK
BM L SH
HK L BM
= HK L (SBM)=>d(H;(SBM))=HK

HK 1L SM
Taco: Z(SA;(ABC))=Z(SA HA) = £SAH =45°
= ASAH vuong cantai H = SH = AH = AC 5 :ﬁ

cos30° .3
i —Lom 23
3 6
Ap dung hé thirc lugng trong tam giac vuéng SMH ta co:
2a a3 a’
hc__ SHHM 3" 6 _ 3 _2a5l
YSH?+HM?  [1a® 32’ a5l 51
3 36 6
Vay d(SB;AC)= 2251
17

Chon: A
Cau 46:
Chon: C
Céau 47:
Phwong phap:

+) Goi M, N lan luot 1a trung diém cua CD, AB. Ching minh ACDN va A ABM vubng can va
MN 1 AB,MN L CD
+) Piat CD = x. Ap dung dinh li Pytago tinh .
Cach giai:
Goi M, N 1an luot 1 trung diém ciia CD, AB.
AACD va ABCD can = AM 1 CD,BM L CD
Ta co:
(ACD)n(BCD)=CD
(ACD)> AM LCD = Z((ACD);(BCD))=£(AM;BM )=90°
(BCD)>BM LCD
= AM 1 BM
Va ta d& dang chirng minh dwgc AACD = ABCD(c.c.c)= AM =BM C
= AABM vuong can tai M = MN L AB
Chung minh tuong ty ta c6 ACDN vuong can tai N va MN L CD
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X2

bit CD = x. Ap dung dinh li Pytago ta c6: AM? =a’ Y

. X2 1., a x
AABM Vuf)ngcﬁntal M :>A82:2AM2:23.2—?:>AN222AB :?—E
) , , , , a2 X a2 x
Ap dung dinh li Pytago ta c6: DN° = AD“ - AN“ =a —?+E=?+E

x? B 23a

ACDN vudng can tai N = CD? =2DN? :a2+Z:X2 <X

3
Chon: A
Cau 48:
Phwong phap:
Xéc suat cuia bién 6 A dugc tinh boi cong thie: P(A) = Wy
nQ

Cach giai:

S6 cach chon 3 dinh bat ki cua da giac la: n, =CJ,

Goi O 1a tim dudng tron ngoai tiép da giac déu.

Goi bién c6 A: “Chon 3 dinh bét ki ctia da giac dé dugc mot tam giac nhon”.

Lay diém A thudc duong tron (O), ké duong kinh AA’ = A’ ciing thudc dudng tron (O).

Khi @6 AA’ chia duong tron (O) thanh hai nira, mdi nira c6 23 dinh.

Chon 2 dinh B, C cung thudc 1 nira dudng tron c6 CZ, cach chon = c¢d CZ, tam gidc ABC la tam giac tu.
Tuong tu nhu vay ddi voi nira con lai nén ta c6 2 sz3 tam gidc tu dugc tao thanh.

Da giac déu c6 48 dinh nén c6 24 dudng chéo = c6 24.2.CZ, tam gidc tl.
Ung véi mdi dudng kinh ta c6 23.2 tam gidc vudng. Vay s6 tam giac vuong l1a: 23.2.24 = 1104 tam giéc.

= n, =CJ, —48CZ —1104 = 4048 tam giéc.

—p(A)-28_1
Ce 47

Chon: B

Cau 49: Chgn: D

Cau 50:

Cach giai:

Goi diém I(a;b;c) théa man: IA—I1B—IC =0

< (8-a;5-b;-11-¢)~(5-a;3-b;~4—c)-(1-L2-b;~6-¢) =0
8—a-5+a-1+a=0 a=-2

&{5-b-3+b-2+b=0 <{b=0 =1(-2,0,1)
-11-c+4+c+6+c=0 c=1

Theo dé bai ta co: ‘W—W—M—C‘ Min
:\W+ﬁ—W—@—W—E\=‘3W+(ﬁ—@—ﬁ)‘:3\w=3lvn Min

Tacé: (S) cétam J(24;-1),R=3. M &(S)=MI,, =1 -R=+16+16+4-3=3
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X=-2+2t

C6: 1J =(4;4,-2)=2(2;2,~1)= Phuong trinh duong thing 1J :{y =2t

M ell =M (=2+2t;2t1-t)
Me(S)=(—4+2t)" +(2t-4) +(2-t)" =9 =9(t-2) =9
t-2=1 r=3:>M(¢&—a

t-2)" =1
=(t-2) <:{t—zz—l t=1=M(0;2;0)

DJMI:3:>M(Q2£)ﬂmaman3{ ,=a+h=2

Chon: C

z=1-t
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